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We describe the effective heavy meson lagrangian for S- and P-wave heavy-light mesons in terms
of a model based on meson-quark interactions, where mesonic transition amplitudes are represented
by diagrams with heavy mesons attached to loops containing heavy and light constituent quarks.
The model is relativistic and incorporates the heavy quark symmetries. The universal form factors
of the heavy meson transition amplitudes are calculated together with their slopes and compared
to existing data and limits. As further applications of the model, strong and radiative decays of D∗
and B∗ are considered. The agreement with data is surprisingly good and shows that the model
offers a viable alternative to effective meson lagrangians which require a larger number of input
parameters.
I. INTRODUCTION
An effective theory for heavy mesons, implementing the heavy quark symmetries, has been very successful at the
phenomenological level (for reviews see [1] and references therein). Predictions are easily obtained once the unknown
effective couplings are fixed from experimental data. Moreover such an effective approach can be combined with chiral
symmetry for light mesons, thus giving a simple framework for implementing the known approximate symmetries of
quantum chromodynamics (QCD) [2]. The disadvantage of such an approach is the number of free parameters, which
grows very rapidly if one tries to improve the calculations beyond leading order.
In order to go beyond the symmetry approach, one should be able to derive the free couplings at the meson
lagrangian level from a more fundamental theory, for example directly from QCD. This is clearly a difficult task. In
the long run the definitive answer will come from systematic first principle calculations, such as in lattice QCD, but
at present heavy meson physical quantities such as spectra and form factors are still subject to extrapolations, even if
recent improvements are impressive [3]. Moreover an alternative and intuitive way for interpolating between QCD and
an effective theory would be interesting in itself, allowing us to understand better the underlying physics. Obviously
there is a price to pay for any simplification that may allow to calculate the parameters of an effective heavy meson
theory without solving the nonperturbative QCD problem. Our point of view here will be to consider a quark-meson
lagrangian where transition amplitudes are represented by diagrams with heavy mesons attached to loops containing
heavy and light constituent quarks. It should be kept in mind that what we study here is only a model and not full
QCD. However one can hope to describe the essential part of the QCD behavior in some energy range and extract
useful information from it.
Since the model used in the present paper is based on an effective constituent quark-meson lagrangian containing
both light and heavy degrees of freedom it is constrained by the known symmetries of QCD in the limit mQ → ∞.
A similar model, for light quarks only, was pioneered, in the context of chirally symmetric effective theories, several
years ago in [4]. A related approach is the one based on the extended Nambu Jona-Lasinio (NJL) models [5],
whose generalization to include both heavy and light quarks has been studied in [6]. In this approach path integral
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bosonization is used, which replaces the effective 4-quark interactions by Yukawa-type couplings of heavy and light
quarks with heavy meson fields. One may think of going even further and try to bosonize directly QCD, but a number
of approximations are needed and one usually ends up with a non-local lagrangian.
In the following we are interested in the description of the heavy meson interactions for the doublets with spin/parity
JP = (1+, 0+), (1−, 0−), (2+, 1+), i.e. S- and P-wave heavy-light mesons. These states are the object of experimental
search [7]. Our aim is therefore to extend the approach of [4] and [6] to the description of the three spin-parity
doublets mentioned above. We will consider a lagrangian at the meson-quark level, fixing the free parameters from
data. This will allow us to deduce from a small number of parameters the heavy meson couplings and form factors,
with a considerable reduction in the number of free parameters with respect to the effective lagrangian written in
terms of meson fields only.
The plan of the paper is as follows. In section 2 we give an outline of the model. In Section 3 we compute some
fundamental parameters of the model, such as mass splittings and renormalization constants. The model is used in
Section 4 to obtain predictions for semileptonic B decays into negative parity and positive parity charmed resonances;
in particular we compute the relevant universal form factors that describe such decays in the mQ → ∞ limit and
discuss the Bjorken sum rule [8]. In section 5 we compute strong and radiative D∗ and B∗ decays. Finally in Section
6 we draw our conclusions.
II. THE MODEL
To begin with we briefly review the description of the heavy quark field in the heavy quark effective theory (HQET)
[1]. The heavy quark is defined as follows: we indicate by vµ the velocity of the hadron containing the heavy quark
Q. This is almost on shell and its momentum pQ can be written, introducing a residual momentum k, as
pQ = mQv + k. (1)
One extracts the dominant part mQv of the heavy quark momentum by defining the new field Qv
Qv(x) = exp(imQvx)Q(x) = hv(x) +Hv(x). (2)
The field hv is the large component field, satisfying the constraint v/hv = hv. If the quark Q is exactly on shell, it
is the only term present in the previous equation. Hv, the small component field, is of the order 1/mQ and satisfies
v/Hv = −Hv. The effective lagrangian can be derived by integrating out the heavy fields in the QCD generating
functional [9], however here we only show the effect of the mQ → ∞ limit on the Feynman rules relevant to our
calculation [10]. The heavy quark propagator in the large mQ limit is:
i
p/ −mQ ≃
i
v · k
1 + v/
2
. (3)
The (1 + v/)/2 projection operator can always be moved close to a spinor hv satisfying v/hv = hv since v/ commutes
with the heavy quark-gluon vertex.
In our model the heavy quark propagator appears in the loops always together with light quark propagators as the
heavy mesons we consider are made up of constituent heavy quark and light antiquark. The light-quark momentum
k may be taken equal to the integrated loop momentum and the heavy-quark propagator in the heavy quark limit
becomes:
i
v · k +∆ (4)
where ∆ is the difference between the quark mass and the common mass of the heavy meson doublet.
A. Heavy meson fields
In order to implement the heavy quark symmetries in the spectrum of physical states the wave function of a
heavy meson has to be independent of the heavy quark flavor and spin. It can be characterized by the total angular
momentum sℓ of the light degrees of freedom. To each value of sℓ corresponds a degenerate doublet of states with
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angular momentum J = sℓ ± 1/2. The mesons P and P ∗ form the spin-symmetry doublet corresponding to sℓ = 1/2
(for charm for instance, they correspond to D and D∗).
The negative parity spin doublet (P, P ∗) can be represented by a 4 × 4 Dirac matrix H , with one spinor index for
the heavy quark and the other for the light degrees of freedom. These wave functions transform under a Lorentz
transformation Λ as
H → D(Λ) H D(Λ)−1 (5)
where D(Λ) is the usual 4 × 4 representation of the Lorentz group. Under a heavy quark spin transformation S,
H → SH , where S satisfies [v/, S] = 0 to preserve the constraint v/H = H .
An explicit matrix representation is:
H =
(1 + v/)
2
[P ∗µγ
µ − Pγ5] (6)
H¯ = γ0H
†γ0 . (7)
Here v is the heavy meson velocity, vµP ∗aµ = 0 and MH =MP =MP∗ . Moreover v/H = −Hv/ = H , H¯v/ = −v/H¯ = H¯
and P ∗µ and P are annihilation operators normalized as follows:
〈0|P |Qq¯(0−)〉 =
√
MH (8)
〈0|P ∗µ|Qq¯(1−)〉 = ǫµ
√
MH . (9)
The formalism for higher spin states is given in [11]. We will consider only the extension to P -waves of the system
Qq¯. The heavy quark effective theory predicts two distinct multiplets, one containing a 0+ and a 1+ degenerate state,
and the other one a 1+ and a 2+ state. In matrix notations, analogous to the ones used for the negative parity states,
they are described by
S =
1 + v/
2
[P ∗′1µγ
µγ5 − P0] (10)
and
T µ =
1 + v/
2
[
P ∗µν2 γν −
√
3
2
P ∗1νγ5
(
gµν − 1
3
γν(γµ − vµ)
)]
. (11)
These two multiplets have sℓ = 1/2 and sℓ = 3/2 respectively, where sℓ is conserved together with the spin sQ in the
infinite quark mass limit because ~J = ~sℓ + ~sQ.
B. Interaction terms
The effective quark-meson lagrangian we introduce contains two terms:
L = Lℓℓ + Lhℓ . (12)
The first term involves only the light degrees of freedom, i.e. the light quark fields χ and the pseudo-scalar SU(3)
octet of mesons π. At the lowest order one has:
Lℓℓ = χ¯(iDµγµ + gAAµγµγ5)χ−mχ¯χ
+
f2π
8
∂µΣ
†∂µΣ. (13)
Here Dµ = ∂µ − iVµ, ξ = exp(iπ/fπ), Σ = ξ2, fπ = 130 MeV and
Vµ = 1
2
(ξ†∂µξ + ξ∂µξ†)
Aµ = i
2
(ξ†∂µξ − ξ∂µξ†) . (14)
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The term with gA is the coupling of pions to light quarks; it will not be used in the sequel. It is a free parameter, but
in NJL model gA = 1. Differently from [4] the gluon field is absent in the present description. Apart from the mass
term Lℓℓ is chiral invariant.
We can introduce a quark-meson effective lagrangian involving heavy and light quarks and heavy mesons. At lowest
order we have:
Lhℓ = Q¯viv · ∂Qv −
(
χ¯(H¯ + S¯ + iT¯µ
Dµ
Λχ
)Qv + h.c.
)
+
1
2G3
Tr[H¯H ] +
1
2G′3
Tr[S¯S] +
1
2G4
Tr[T¯µT
µ] (15)
where the meson fields H, S, T have been defined before, Qv is the effective heavy quark field, G3, G
′
3, G4 are
coupling constants (to allow a comparison with previous work we follow, as far as possible, the notations of [6]) and
Λχ (= 1 GeV) has been introduced for dimensional reasons. Lagrangian (15) has heavy spin and flavor symmetry.
This lagrangian comprises three terms containing respectively H , S and T . From a theoretical point of view, the G3
and G′3 couplings could have been determined by ∆H and ∆S , the experimental values of the mass differences between
the mesons, belonging to the H and S multiplets respectively, and their heavy quark constituent masses. Since these
data are not all known, we have adopted the dynamical information coming from the NJL-model as proposed in [6]
and so we use the following modified version of (15) in which we give the fields H and S the same coupling to the
quarks:
Lhℓ = Q¯viv · ∂Qv −
(
χ¯(H¯ + S¯ + iT¯µ
Dµ
Λχ
)Qv + h.c.
)
+
1
2G3
Tr[(H¯ + S¯)(H − S)] + 1
2G4
Tr[T¯µT
µ] (16)
In doing this we assume that this effective quark meson lagrangian can be justified as a remnant of a four quark
interaction of the NJL type by partial bosonization. H and S are degenerate in mass in the light-sector chirally
symmetric phase. In the broken phase the mass splitting is calculable and will be computed in the next section
in terms of the order parameter m, the constituent light quark mass. The part containing the T field can not be
extracted from a bosonized NJL contact interaction and requires a new coupling constant G4.
An essential ingredient of the nonperturbative behavior of QCD is the suppression of large momentum flows through
light-quark lines in the loops. The way this suppression is introduced in the model is crucial and is part of the definition
of the model itself. One can for example include factors in the vertices which damp the loop integrals when the light-
quark momentum is larger than some scale of the order of 1 GeV [12]. Our model describes the interactions in terms
of effective vertices between a light quark, a heavy quark and a heavy meson; we describe the heavy quarks and heavy
mesons consistently with HQET, and thus the heavy quark propagator in the loop contains the residual momentum
k which arises from the interaction with the light degrees of freedom. It is therefore natural to assume an ultraviolet
cut-off on the loop momentum of the order of Λ ≃ 1 GeV, even if the heavy quark mass is larger than the cut-off.
Concerning the infrared behavior, the model is not confining and thus its range of validity can not be extended
below energies of the order of ΛQCD. In practice one introduces an infrared cut-off µ, in order to drop the unknown
confinement part of the quark interaction.
We choose a proper time regularization (a different choice is followed in [13]). After continuation to the Euclidean
space it reads, for the light quark propagator:∫
d4kE
1
k2E +m
2
→
∫
d4kE
∫ 1/Λ2
1/µ2
ds e−s(k
2
E
+m2) (17)
where µ and Λ are infrared and ultraviolet cut-offs. This choice of regularization is consistent with the one in the
second paper in [6]. In (17)m is the constituent light quark mass, whose non vanishing value implies the mass splitting
between the H-type and S-type multiplets. Its value, as well as the values of the cutoffs µ and Λ are in principle
adjustable parameters. On physical grounds, we expect that Λ ≃ 1 GeV, m ≃ µ ≃ 102 MeV. Given our choice of the
cut-off prescription as in [6], we assume for Λ the same value used there i.e. Λ = 1.25 GeV; we observe, however, that
the numerical outcome of the subsequent calculations are not strongly dependent on the value of Λ. The constituent
mass m in the NJL models represents the order parameter discriminating between the phases of broken and unbroken
chiral symmetry and can be fixed by solving a gap equation, which gives m as a function of the scale mass µ for given
values of the other parameters. In the second paper of ref. [6] the values m = 300 MeV and µ = 300 MeV are used
and we shall assume the same values. As shown there, for smaller values of µ, m is constant (=300 MeV) while for
much larger values of µ, it decreases and in particular it vanishes for µ = 550 MeV.
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III. RENORMALIZATION CONSTANTS AND MASSES
For the computation of the constants G3, G4 appearing in the quark-meson effective lagrangian of Eq.(15) we
consider the meson self energy diagram depicted in Fig.1.
Fig. 1 - Self-energy diagram for the heavy meson field.
For H and S states the evaluation of Fig.1 gives the results (k is the residual momentum, see eq. (1)):
Tr[−H¯ ΠH(v · k) H ] = iNc
∫
d4ℓ
(2π)4
Tr[(ℓ/ − k/ −m)H¯H ]
((ℓ− k)2 −m2 + iǫ)(vℓ+ iǫ) (18)
and
Tr[+S¯ ΠS(v · k) S] = iNc
∫
d4ℓ
(2π)4
Tr[(ℓ/− k/ +m)S¯S]
((ℓ − k)2 −m2 + iǫ)(vℓ+ iǫ) (19)
respectively, and for T states we get
Tr[+T¯µ ΠT (v · k) T µ] = iNc
Λ2χ
∫
d4ℓ
(2π)4
Tr[(ℓµ − kµ)(ℓ/− k/ +m)(ℓν − kν)T¯ µT ν]
((ℓ − k)2 −m2 + iǫ)(vℓ+ iǫ) (20)
We notice that the only difference between ΠH and ΠS is in the sign in front of m in the numerators of the
integrands. We now expand (18),(19) and(20) around ∆H , ∆S and ∆T respectively:
Π(v · k) ≃ Π(∆) + Π′(∆)(v · k −∆) . (21)
In this way we obtain the kinetic part of the effective lagrangian for heavy mesons in the usual form [2]
Leff = Tr ¯ˆH(iv · ∂ −∆H)Hˆ +Tr¯ˆS(iv · ∂ −∆S)Sˆ
+ Tr
¯ˆ
Tµ(iv · ∂ −∆T )Tˆ µ , (22)
provided we satisfy the conditions:
1
2G3
= ΠH(∆H) = ΠS(∆S) (23)
1
2G4
= ΠT (∆T ) (24)
and renormalize the fields as :
Hˆ =
H√
ZH
(25)
Sˆ =
S√
ZS
(26)
Tˆ =
T√
ZT
. (27)
The renormalization constants are given by:
Z−1j = Π
′(∆j) . (28)
Here, prime denotes differentiation and j = H, S and T . In the previous equations, ∆H , ∆S , ∆T are the mass
differences between the heavy mesons H,S, T and the heavy quark. The expressions of ΠH , ΠS , and ΠT are:
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ΠH(∆H) = I1 + (∆H +m)I3(∆H) (29)
ΠS(∆S) = I1 + (∆S −m)I3(∆S) (30)
ΠT (∆T ) =
1
Λ2χ
[
−I
′
1
4
+
m+∆T
3
[I0(∆T ) + ∆T I1 + (∆
2
T −m2)I3(∆T )]
]
(31)
while the field renormalization constants are :
Z−1H = (∆H +m)
∂I3(∆H)
∂∆H
+ I3(∆H) (32)
Z−1S = (∆S −m)
∂I3(∆S)
∂∆S
+ I3(∆S) (33)
Z−1T =
1
3Λ2χ
[
(∆2T −m2)[(m+∆T )
∂I3(∆T )
∂∆T
+ I3(∆T )]
+ (m+∆T )[
∂I0(∆T )
∂∆T
+ I1 + 2∆T I3(∆T )] + I0 +∆T I1
]
(34)
The integrals I0, I1, I
′
1 and I3 are defined in the Appendix. We employ the first equation in (23) to obtain G3 from a
given value of ∆H (we use ∆H in the range 0.3−0.5 GeV), while the second equation in (23) can be used to determine
∆S .
For ∆T we can use experimental information. Let us callMH andMT the spin-averagedH-multiplet and T -multiplet
masses. We can write MH = mQ + ∆H + ∆
′
H/mQ and MT = mQ + ∆T +∆
′
T /mQ. For charm, the positive parity
experimental masses and widths are as follows: for D∗2 we have mD∗2(2460)0 = 2458.9± 2.0 MeV, ΓD∗2 (2460)0 = 23± 5
MeV and mD∗
2
(2460)± = 2459 ± 4 MeV, ΓD∗
2
(2460)± = 25
+8
−7 MeV. These particle are identified with the state 2
+
belonging to the T 32
+
multiplet. As for the D∗1(2420) state, experimentally we have mD∗1 (2420)0 = 2422.2± 1.8 MeV,
ΓD∗
1
(2420)0 = 18.9
+4.6
−3.5 MeV; this particle can be identified with the state 1
+ belonging to the T multiplet, neglecting
a possible small mixing between the two 1+ states belonging to the S and T multiplets [2]. We observe that the
narrowness of the states D∗2 and D
∗
1 is due to the fact that their strong decays occur via D-waves. From this analysis
we get ∆T −∆H +(∆′T −∆′H)/mc ≃ 470 MeV. For beauty, the experimental data on positive parity resonances show
a bunch of states with a mass MB∗∗ = 5698± 12 MeV and width Γ = 128 ± 18 MeV [14]. If we identify this mass
with the mass of the narrow T states, we obtain ∆T −∆H + (∆′T −∆′H)/mb ≃ 380 MeV. For reasonable values of
the heavy quark masses, we get
∆T −∆H ≃ 335 MeV , (35)
which is the value we adopt. The preceding analysis produces the figures in Table I.
∆H ∆S ∆T
0.3 0.545 0.635
0.4 0.590 0.735
0.5 0.641 0.835
TABLE I. ∆ values (in GeV)
In Table II we report the computed values of Gj and Zj for three values of ∆H .
Let us finally observe that we predict, according to the value of ∆H , a value for the S−multiplet massm = 2165±50
MeV; these states, called in the literature D0, D
∗′
1 have not been observed yet since they are expected to be rather
broad (for instance in [15] one predicts Γ(D0 → D+π−) ≃ 180 MeV and Γ(D∗′1 → D∗+π−) ≃ 165 MeV). Theoretical
predictions in the literature are somehow larger (m ≃ 2350 MeV).
∆H 1/G3 ZH ZS ZT 1/G4
0.3 0.16 4.17 1.84 2.95 0.15
0.4 0.22 2.36 1.14 1.07 0.26
0.5 0.345 1.142 0.63 0.27 0.66
TABLE II. Renormalization constants and couplings. ∆H in GeV; G3, G4 in GeV
−2, Zj in GeV
−1.
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IV. SEMILEPTONIC DECAYS AND FORM FACTORS
To begin with, we compute the leptonic decay constants Fˆ and Fˆ+ that are defined as follows:
〈0|q¯γµγ5Q|H(0−, v)〉 = i
√
MHv
µFˆ (36)
〈0|q¯γµQ|S(0+, v)〉 = i
√
MSv
µFˆ+ . (37)
It is easy to compute these constants by a loop calculation similar to that considered in the previous section for the
self-energy ; one finds
Fˆ =
√
ZH
G3
(38)
Fˆ+ =
√
ZS
G3
(39)
The numerical results for different values of the parameters can be found in Table III.
∆H Fˆ Fˆ
+
0.3 0.33 0.22
0.4 0.34 0.24
0.5 0.37 0.27
TABLE III. Fˆ and Fˆ+ for various values of ∆H . ∆H in GeV, leptonic constants in GeV
3/2.
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We observe that, neglecting logarithmic corrections, Fˆ and Fˆ+ are related, in the infinite heavy quark mass limit,
to the leptonic decay constant fB and f
+ defined by
〈0|q¯γµγ5b|B(p)〉 = ipµfB (40)
〈0|q¯γµb|B0(p)〉 = ipµf+ (41)
by the relations fB = Fˆ /
√
MB and f
+ = Fˆ+/
√
MB0 . For example, for ∆H = 400 MeV, we obtain from Table III:
fB ≃ 150 MeV (42)
f+ ≃ 100 MeV . (43)
The numerical values that can be found in the literature agree with our results. For example the QCD sum
rule analysis of [16] gives Fˆ = 0.30 ± 0.05 GeV3/2 (without αs corrections) and higher values (around 0.4 − 0.5
GeV3/2) including radiative corrections. As for lattice QCD, in [3] the value summarizing the present status of lattice
calculations for fB is 170± 35 MeV. As for F+, a QCD sum rule analysis [17] gives F+ = 0.46± 0.06 GeV3/2, which
is significantly higher than the results reported in Table III.
Let us now consider semileptonic decays. The first analysis to be performed is the study of the Isgur-Wise function
ξ which is defined by:
〈D(v′)|c¯γµ(1 − γ5)b|B(v)〉 =
√
MBMDCcb ξ(ω)(vµ + v
′
µ) (44)
〈D∗(v′, ǫ)|c¯γµ(1 − γ5)b|B(v)〉 =
√
MBMD∗Ccb ξ(ω)[iǫµναβǫ
∗νv′αvβ
− (1 + ω)ǫ∗µ + (ǫ∗ · v)v′µ] (45)
where ω = v ·v′ and Ccb is a coefficient containing logarithmic corrections depending on αs; within our approximation
it can be put equal to 1: Ccb = 1. We also note that, in the leading order we are considering here ξ(1) = 1. To
compute ξ one has to evaluate the diagram of Fig.2.
Fig. 2 - Weak current insertion on the heavy quark line for the heavy meson form factor calculation.
One finds [6]:
ξ(ω) = ZH
[
2
1 + ω
I3(∆H) +
(
m+
2∆H
1 + ω
)
I5(∆H ,∆H , ω)
]
. (46)
1 1.1 1.2 1.3 1.4 1.50.6
0.65
0.7
0.75
0.8
0.85
0.9
0.95
1
0.3
0.4
0.5
Fig. 3 - Isgur-Wise form factor at different ∆ values.
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The ξ function is plotted in Fig.3.
The integrals I3, I5 can be found in the Appendix. It is obvious from (32),(46) that ξ(ω) is correctly normalized,
i.e. ξ(1) = 1. For the slope of the Isgur-Wise function, defined by
ρ2IW = −
dξ
dω
(1) , (47)
one gets the values reported in Table IV. The plot of the Isgur-Wise function is given in fig. 3 for three values
of ∆H . It is useful to compare our results with other approaches. QCD sum rules calculations are in the range
ρ2IW = 0.54 − 1.0, therefore they agree with our results [18]. The results from different quark models [19], [20], [21],
[22] have been recently reviewed by the authors of [23]; they have studied the results of different models with the
common approach of boosting the wave-functions by the Bakamjian-Thomas method [24]; for ρ2IW they obtain results
in the range 0.97− 1.28, to be compared to the results in table 4. Lattice QCD gives significantly smaller results; for
example in [25] the value ρ2IW (1) = 0.64 is obtained.
Let us now turn to the form factors describing the semileptonic decays of a meson belonging to the fundamental
negative parity multiplet H into the positive parity mesons in the S and T multiplets. Examples of these decays are
B → D∗∗ℓν (48)
where D∗∗ can be either a S state (i.e. a 0+ or 1+ charmed meson having sℓ = 1/2) or a T state ( i.e. a 2
+ or 1+
charmed meson having sℓ = 3/2).
The decays in (48) are described by two form factors τ1/2, τ3/2 [26] according to
< D∗2(v
′, ǫ)|c¯γµ(1− γ5)b|B(v) >=
√
3MBMD∗
2
τ3/2(ω)×[
iǫµαβγǫ
∗αηvηv
′βvγ − [(ω + 1)ǫ∗µαvα − ǫ∗αβvαvβv′µ]
]
(49)
< D∗1(v
′, ǫ)|c¯γµ(1− γ5)b|B(v) >=
√
MBMD∗
1
2
τ3/2(ω)×{
(ω2 − 1)ǫ∗µ + (ǫ∗ · v)[3 vµ − (ω − 2)v′µ]− i(ω + 1)ǫµαβγǫ∗αv′βvγ
}
(50)
〈D0(v′)|c¯γµ(1− γ5)b|B(v)〉 =
√
MBMD0 2 τ1/2(ω)(v
′
µ − vµ) (51)
〈D∗′1 (v′, ǫ)|c¯γµ(1− γ5)b|B(v)〉 =
√
MBMD∗′
1
τ1/2(ω){2 i ǫµαβγǫ∗αv′βvγ
+2[(1− ω)ǫ∗µ + (ǫ∗ · v)v′µ]} . (52)
In all these equations we neglect logarithmic corrections. The form factors τ1/2(ω), τ3/2(ω) can be computed by a
loop calculation similar to the one used to obtain ξ(ω). The result is
τ1/2(ω) =
√
ZHZS
2(1− ω) [I3(∆S)− I3(∆H) + (∆H −∆S +m(1 − ω)) I5(∆H ,∆S , ω)] (53)
and
τ3/2(ω) = −
√
ZH ZT√
3
[
m
(I3(∆H)− I3(∆T )− (∆H −∆T ) I5(∆H ,∆T , ω)
2 (1− ω)
− I3(∆H) + I3(∆T ) + (∆H +∆T ) I5(∆H ,∆T , ω)
2 (1 + ω)
)
− 1
2 (−1− ω + ω2 + ω3)
(
− 3S(∆H ,∆T , ω)− (1− 2ω) S(∆T ,∆H , ω)
+ (1− ω2)T (∆H ,∆T , ω)− 2 (1− 2ω)U(∆H ,∆T , ω)
)]
(54)
where the integrals S, T, U are defined in the appendix.
Given the small phase space which is available for these decays (ωmax = 1.33 for D
∗
1 , D
∗
2 and ωmax ≃ 1.215 for
D∗′1 , D0), we can approximate
9
τj(ω) ≃ τj(1)× [1− ρ2j(ω − 1)] . (55)
Numerically we find the results reported in Table IV.
∆H ξ(1) ρ
2
IW τ1/2(1) ρ
2
1/2 τ3/2(1) ρ
2
3/2
0.3 1 0.72 0.08 0.8 0.48 1.4
0.4 1 0.87 0.09 1.1 0.56 2.3
0.5 1 1.14 0.09 2.7 0.67 3.0
TABLE IV. Form factors and slopes. ∆H in GeV.
An important test of our approach is represented by the Bjorken sum rule, which states
ρ2IW =
1
4
+
∑
k
[
|τ (k)1/2(1)|2 + 2|τ
(k)
3/2(1)|2
]
. (56)
Numerically we find that the first excited resonances, i.e. the S and T states (k = 0) practically saturate the sum
rule for all the three values of ∆H .
In Table V we compare our results (for ∆H = 0.4 GeV) with other approaches. For τ3/2 we find a broad agreement
with some of the constituent quark model results, whereas for τ1/2 we only agree with [34].
τ1/2(1) ρ
2
1/2 τ3/2(1) ρ
2
3/2 Ref.
0.09 1.1 0.56 2.3 This work
0.41 1.0 0.41(input) 1.5 [27]
0.25 0.4 0.28 0.9 [17]
0.31 2.8 0.31 2.8 [22]
0.41 1.4 0.66 1.9 [28]
0.059 0.73 0.515 1.45 [23], [21]
0.225 0.83 0.54 1.50 [23], [19]
TABLE V. Parameters of the form factors τ1/2, τ3/2. The results in this table are for ∆H = 0.4 GeV.
Finally in Table VI we present our results for the branching ratios of B semileptonic decays to S− and P−wave
charmed mesons for three values of ∆H computed with Vcb = 0.038 [29] and τB = 1.62 psec. We see that data favor
a value of ∆H ≃ 400− 500 MeV.
Decay mode ∆H = 0.3 ∆H = 0.4 ∆H = 0.5 Exp.
B → Dℓν 3.0 2.7 2.2 1.9± 0.5 [14]
B → D∗ℓν 7.6 6.9 5.9 4.68± 0.25 [14]
B → D0ℓν 0.03 0.005 0.003 –
B → D∗′1 ℓν 0.03 0.008 0.0045 –
B → D∗1ℓν 0.27 0.18 0.13 0.74± 0.16 [30]
B → D∗2ℓν 0.43 0.34 0.30 < 0.85
TABLE VI. Branching ratios (%) for semileptonic B decays. Theoretical predictions for three values of ∆H and experimental
results (for B0 decays). Units of ∆H in GeV.
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V. STRONG AND RADIATIVE DECAYS OF HEAVY MESONS
In this section we consider the strong decays
H→ Hπ (57)
S→ Hπ (58)
as well as the radiative decay
P ∗ → Pγ (59)
where P ∗ and P are the 1− and 0− members of the multiplet H .
A. Strong decays
The calculation of the strong coupling constants describing the decays H → Hπ (i.e. D∗ → Dπ) and S → Hπ is
strongly simplified by adopting the soft pion limit. In the case of the decay D∗ → Dπ this procedure introduces only
a small error since the phase space is actually very small (for the S → Hπ decay the situation is different, see below).
Let us define gD∗Dπ by the equation:
< π+(q)D0(p)|D∗+(p′, ǫ) >= igD∗Dπǫµqµ . (60)
The constant gD∗Dπ is related to the strong coupling constant of the effective meson field theory g appearing in [2]
L = igTr(HHγµγ5Aµ) +
[
ih Tr(HSγµγ5Aµ) + h.c.
]
(61)
by the relation
gD∗Dπ =
2mD
fπ
g (62)
valid in the mQ →∞ limit.
To compute g in the soft-pion-limit (qµ → 0) we consider the matrix element of ∂µAµ and derive a Goldberger-
Treiman relation, following the approach of [31]; this approach differs from the method employed in the first paper in
[6], that assumes the so-called low-momentum-expansion approximation and a mixing between the Nambu-Goldstone
bosons and higher mass resonances. Our method amounts to a loop calculation involving a current and two H states
(see Fig. 4).
Fig. 4 - Pion vertex on the light quark line for the heavy-heavy-pion interaction.
The result for g is as follows:
g = ZH
[
1
3
I3(∆H)− 2(m+ 1
3
∆H)(I2 +∆HI4(∆H))− 4
3
m2I4(∆H)
]
, (63)
where I2, I3 have been defined already and I4 is in the Appendix. Numerically we get
g = 0.456± 0.040 (64)
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where the central value corresponds to ∆H = 0.4 GeV and the lower (resp. higher) value corresponds to ∆H = 0.3
GeV (resp. ∆H = 0.5 GeV). These values agree with QCD sum rules calculations, that give g = 0.44 ± 0.16 (for a
review see [2]; see also [32]), with the result of relativistic constituent quark model: g ≃ 0.40 [31], g = 0.34 [33]. From
the computed values of g we can derive the hadronic width using
Γ(D∗+ → D0π+) = g
2
6πf2π
|~pπ|3 . (65)
The numerical results will be discussed at the end of this Section. Let us now comment on the strong decay S → Hπ.
A complete calculation of the corresponding decay constant h appearing in (61) is much more involved and one can
preliminary try to compute it in the soft-pion limit. This approximation implies that we must assume ∆S = ∆H ;
putting ∆ = (∆H +∆S)/2, we obtain
h = Z
{
I3(∆) + 2∆I2 + 2(∆
2 −m2)I4(∆)
}
(66)
were Z is given by
Z =
[(
I3(∆) + ∆
∂I3
∂∆
)2
−
(
m
∂I3
∂∆
)2]− 12
. (67)
We obtain, for ∆ in the range 0.43− 0.57 GeV the result
h = −0.85± 0.02 (68)
which is somehow higher, but still compatible, within the theoretical uncertainties, with a result obtained by QCD
sum rules: h = −0.52± 0.17 [15].
B. Radiative decays
Let us now consider the radiative decaysD∗ → Dγ and B∗ → Bγ. To be definite we consider only the former decay;
moreover we use the SU(3) flavor symmetry for the light quarks. The matrix element for this radiative transition is
the following:
M(D∗ → Dγ) = i eµ ǫµναβ ǫ∗µ ην p′αpβ (69)
where ǫµ is the photon polarization and the coupling µ comprises two terms:
µ = µℓ + µh , (70)
corresponding to the decomposition:
M(D∗ → Dγ) = e ǫ∗µ < D(p′)|Jemµ |D∗(p, η) >
= e ǫ∗µ < D(p′)|Jℓµ + Jhµ |D∗(p, η) > . (71)
Here Jℓµ and J
h
µ are the light and the heavy quark parts of the electro-magnetic current:
Jℓµ =
2
3
u¯γµu− 1
3
d¯γµd− 1
3
s¯γµs (72)
and
Jhµ =
2
3
c¯γµc− 1
3
b¯γµb =
∑
Q=c,b
eQQ¯γµQ. (73)
Correspondingly, eq. (70) becomes
µ = µℓ + µh =
eq
Λq
+
eQ
ΛQ
, (74)
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where Λq and ΛQ are mass parameters to be determined. The photon insertion on the heavy quark line generates the
µh coupling, while the µℓ arises when the photon is inserted on the light quark line of the loop.
In the mQ → ∞ limit, the matrix element of Jhµ can be expressed in terms of the Isgur-Wise form factor ξ(ω) as
follows:
< D(p′)|Jhµ |D∗(p, η) >= ec < D(p′)|c¯γµc|D∗(p, η) >
= i
2
3
√
MDMD∗ξ(ω)ǫµναβη
νv′αvβ , (75)
where p′ =MDv
′, p =MD∗v and ω ≃ 1 because:
0 = q2 = m2D +M
2
D∗ − 2MDMD∗v · v′. (76)
Taking into account the normalization ξ(1) = 1 one gets, for the charm and beauty mesons respectively (with
q¯ = d¯),
µh =
2
3Λc
µh = − 1
3Λb
(77)
with
Λc =
√
MDMD∗ Λb =
√
MBMB∗ . (78)
In the leading order in 1/mc and 1/mb one finds:
Λc = mc Λb = mb (79)
which fixes µh. As for the coupling µℓ, in our approach it stems from the diagram where the photon line is inserted
on the light quark propagator (see Fig. 5).
Fig. 5 - Electro-magnetic current insertion on the light quark line.
The result is:
β = Λ−1q = 2× ZH [I2 + (m+∆H)I4(∆H)] (80)
Numerically we get:
β = 1.6± 0.1 GeV−1 (81)
where the central value corresponds to ∆H = 0.4 GeV and the lower (resp. higher) value corresponds to ∆H = 0.5
GeV (resp. ∆H = 0.3 GeV). These values agree with the result of Heavy Quark Effective Theory and the Vector
Meson Dominance hypothesis [34].
One can use the formula:
Γ(D∗ → Dγ) = α
3
MD∗
MD
|µ|2|~k|3 (82)
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(~k = photon momentum), to compute the D∗ radiative widths. Using this equation together with (65) we obtain the
results of Table VII.
Decay mode ∆H = 0.4 GeV ∆H = 0.5 GeV Exp.
D∗0 → D0π0 65.5 70.1 61.9± 2.9
D∗0 → D0γ 34.5 29.9 38.1± 2.9
D∗+ → D0π+ 71.6 71.7 68.3± 1.4
D∗+ → D+π0 28.0 28.1 30.6± 2.5
D∗+ → D+γ 0.4 0.24 1.1+2.1−0.7
TABLE VII. Theoretical and experimental D∗ branching ratios (%). Theoretical values are computed with ∆H = 0.4, 0.5
GeV.
Taking into account the approximations involved in the present calculation, we find comparison between theoretical
prediction and experimental data of Table VII encouraging. Finally we compute total widths for D∗ and B∗ (for
∆H = 0.4 GeV):
Γ(D∗0) = 38 KeV (83)
Γ(D∗+) = 62 KeV (84)
Γ(B∗0 → B0γ) = 0.05 KeV (85)
VI. CONCLUSIONS
The increasing number of available data on heavy meson processes and the even more promising increase of data
from forthcoming experiments demands theoretical predictions for these processes to be compared with experiment
and to suggest subsequent lines of investigation. Calculating directly from the QCD lagrangian remains an extremely
difficult task, in spite of the impressive success of recent lattice work. A most promising approach is the one based on
heavy meson effective lagrangians, which incorporate the heavy quark symmetries and in addition the approximate
chiral symmetry for light quarks. Although with increasing data such an approach will remain the best one beyond
direct QCD calculations, at this stage it is made cumbersome by the large number of parameters that have to be fixed
before obtaining predictions. In this note we have presented an intermediate approach, not as rigorous and general
as that of the effective meson lagrangian, but which allows for a smaller number of input parameters. We start from
an effective lagrangian at the level of mesons and of constituent quarks, and we then calculate the meson transition
amplitudes by evaluating loops of heavy and light quarks. In this way we can compute the Isgur-Wise function,
the form factors τ1/2 and τ3/2, the leptonic decay constant Fˆ and Fˆ
+, the coupling constants g and h relative to
H → Hπ and H → Sπ processes respectively, the β coupling relative to the H → Hγ processes. The agreement with
data, when available, seems rather impressive. Additional data should be able to confirm some of the predictions of
the model or suggest modifications. In conclusion the model presented here, based on meson and quark degrees of
freedom, seems capable of incorporating a number of essential features of QCD and to provide a useful approach to
calculate heavy meson transitions in terms of a limited number of physical parameters.
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VII. APPENDIX
We list here the integrals used in the paper.
I0(∆) =
iNc
16π4
∫ reg d4k
(v · k +∆+ iǫ)
=
Nc
16 π3/2
∫ 1/µ2
1/Λ2
ds
s3/2
e−s(m
2−∆2)
(
3
2 s
+m2 −∆2
)
[1 + erf(∆
√
s)]
− ∆Ncm
2
16π2
Γ(−1, m
2
Λ2
,
m2
µ2
) (86)
I1 =
iNc
16π4
∫ reg d4k
(k2 −m2) =
Ncm
2
16π2
Γ(−1, m
2
Λ2
,
m2
µ2
) (87)
I ′1 =
iNc
16π4
∫ reg
d4k
k2
(k2 −m2) =
Ncm
4
8π2
Γ(−2, m
2
Λ2
,
m2
µ2
) (88)
I2 = − iNc
16π4
∫ reg d4k
(k2 −m2)2 =
Nc
16π2
Γ(0,
m2
Λ2
,
m2
µ2
) (89)
I3(∆) = − iNc
16π4
∫ reg d4k
(k2 −m2)(v · k +∆+ iǫ)
=
Nc
16 π3/2
∫ 1/µ2
1/Λ2
ds
s3/2
e−s(m
2−∆2)
(
1 + erf(∆
√
s)
)
(90)
I4(∆) =
iNc
16π4
∫ reg d4k
(k2 −m2)2(v · k +∆+ iǫ)
=
Nc
16π3/2
∫ 1/µ2
1/Λ2
ds
s1/2
e−s(m
2−∆2) [1 + erf(∆
√
s)] . (91)
In these equations
Γ(α, x0, x1) =
∫ x1
x0
dt e−t tα−1 (92)
is the generalized incomplete gamma function and erf is the error function.
Let’s introduce now:
σ(x,∆1,∆2, ω) =
∆1 (1− x) + ∆2 x√
1 + 2 (ω − 1) x+ 2 (1− ω) x2 . (93)
Then the integrals used for the semileptonic decays are as follows:
I5(∆1,∆2, ω) =
iNc
16π4
∫ reg d4k
(k2 −m2)(v · k +∆1 + iǫ)(v′ · k +∆2 + iǫ)
=
∫ 1
0
dx
1
1 + 2x2(1 − ω) + 2x(ω − 1) ×[ 6
16π3/2
∫ 1/µ2
1/Λ2
ds σ e−s(m
2−σ2) s−1/2 (1 + erf(σ
√
s)) +
6
16π2
∫ 1/µ2
1/Λ2
ds e−s(m
2−2σ2) s−1
]
(94)
I6(∆1,∆2, ω) =
iNc
16π4
∫ reg d4k
(v · k +∆1 + iǫ)(v′ · k +∆2 + iǫ)
= I1
∫ 1
0
dx
σ
1 + 2x2(1 − ω) + 2x(ω − 1)
15
− Nc
16π3/2
∫ 1
0
dx
1
1 + 2x2(1− ω) + 2x(ω − 1) ×∫ 1/µ2
1/Λ2
ds
s3/2
e−s(m
2−σ2)
{
σ[1 + erf(σ
√
s)] · [1 + 2s(m2 − σ2)]
+ 2
√
s
π
e−sσ
2
[
3
2s
+ (m2 − σ2)
]
(95)
S(∆1,∆2, ω) = ∆1 I3(∆2) + ω (I1 +∆2 I3(∆2)) + ∆1
2 I5(∆1,∆2, ω)
T (∆1,∆2, ω) = m
2 I5(∆1,∆2, ω) + I6(∆1,∆2, ω)
U(∆1,∆2, ω) = I1 +∆2 I3(∆2) + ∆1 I3(∆1) + ∆2∆1 I5(∆1,∆2, ω) (96)
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